Now suppose that the sequence sn is replaced by a sequence s n(x) depending on a real parameter x, each s n (x) being bounded and integrable for a < x < b . Let N S(N, x) = 1 ri e(ms n(x)) . The above argument relates to a single value of m . But since the union of an enumerable infinity of sets of measure 0 is itself of measure 0, it follows that the result holds for all m * 0 except in a set of measure 0 . Hence, by Weyl's criterion, sn (x) is uniformly distributed modulo 1 for almost all x .
3 . For the second half of the theorem, an example suffices . Let F(x) be a rapidly increasing function, defined for x > 0, and let G be the function inverse to F . Define a sequence s n (x) by It may be remarked that if we choose G to be a °smooth' slowly increasing function, it will follow from (1) that I(N) -0 as N -> -. For example, if G(u) = log log log u, we find that I(N) « 1 (log N) (log log N)
In particular, therefore, a condition of this type is compatible with s n (x) being not uniformly distributed for any x in (a, b) . 
